JImcrok 3: HeTepowl Kosbila

3ajiauu 110 KOMMYyTaTUBHO# ajredpe - mardax BIITD

Ha10 caaTh 70 12.10.2012 BKIIOYUTETBHO

1 JTokazkuTe, 9T0 B HETEPOBOM KOJIbIIE HHJIbDAJAUKAJ HUJIBIOTEHTEH (TO
ectb Nil(A)* = 0 pna mexoroporo k), a m1060it uaean CoAePKIT HEKOTOPYIO
CTENeHb CBOErO PaJIKAaJIa.

2 [pusBeaure npuMep TaKoro KoJjabla A, 4To Tomojorndeckoe mpocrpaH-
crBo Spec(A) mHerepoBo, a KOIbIO A Her.

3 Ilyctp X — Tomosormdeckoe MpoCTpaHCTBO. JloKakuTe IKBHUBAJIEHT-
HOCTB cJieytonux ycaosuit: (a) X Hereposo; (6) J1060€ OTKPBITOE HOAIPO-
CTPaHCTBO B X KBa3HKOMIIAKTHO; (B) JII000€ MOAIPOCTPAHCTBO X KBAa3HKOM-
IAKTHO.

4 Jlokaxkurte Teopemy ['minbepra o 6a3uce: ecim A — HETEPOBO KOJIBIIO,
TO KOJIBIO MHOTOWIeHoB A[X| Toxke HeTeposo.

(Vkaszanue: cHadaga jgokaxure ciefyionmii dgakr. Ilyers [ C A[X]
— umeas, a K C A — ujpeal, MOPOXKJACHHBIH CTAPITUME KOIDDHUITHeHTAME
Bcex MHOTOWIeHOB u3 [. IlycTh aq,...,a; mopoxmpator K, F; — MHOTOWIEeH
co crapmum kKoaddunuenrom a; u I’ — wpean, nopoxkjgenuwiii Fy, ..., Fj.
Torma mas aroboro muorowrena F' € [ sepuo, uro F' = F' (mod I'), tae
deg(F') < max(deg(F;)).)

5 Jlokaxkure, 94T0 ecjim A HETEPOBO, TO KOJBIO (DOPMAIBHBIX CTEEHHBIX
psinos A[[X]] Tozke HETEPOBO (MOXKHO paccyzKaaTh Kak B IIPeIbIIyIIeil 3a1a-
e, UCHOoJIb3yd “Maaiirne’ KoddMUIMEHTh CTEeIEeHHbIX PsAJ/IOB BMECTO CTap-
IIUX).

6 fsnsiercs m mereposuiM moaxossino R C Cl[z]], cocrosimee u3 psios
€ HEHYJIEBBIM DAJILYCOM CXOIUMOCTHU?

7 IlpuBeaure npumep noakosbia B Clz, y|, He SBASIONErocs HETEPOBBIM.

8 Ilycres M HerepoB A-momyib, a u : M — M romomopdusm. JlokaxKu-
TE, YTO €CJHU U CIOPBbEKTHBEH, TO U u3oMopdusM. (YKazaHue: paccMOTPETh



nocaegosarensuocts Ker(u')).

9 Ilyctb M — A-moayib. [IpocToit maean p HA3BIBAETCSA aCCOMUHPOBAH-
oM ¢ M, ecau cymecrByer takoit © € M, uro p = Ann(x) (Ann(x) —
sro {f € A|fzr = 0}, anuyasarop x). UTo MOXKHO cKa3aTh 0 moamosyae M,
nopoxkaeraom x? ITlokaxwure, aro ecsim A HerepoBo, TO 000 HEHY/EBOM
A-MOIy/ib UMeeT acCcOIMUPOBAHHBIE MPOCTHIE Haeabl. (YKa3aHue: paccMoT-
PeTh CeMeiiCTBO UEATIOB, SIBJISIIOIUXCST AHHYIATOPAME 71eMeHTOB M)

10 Ilycro M — nenyjieBoil HETEPOB MOJYJIb HaJ[ HETEPOBBIM KOJIbLIIOM.
[TokakuTe, 9TO CyIIECTBYET MOCJIEI0BATEIHHOCTD moaMoayiaeit M = My D
M; D ... D My =0, takas, uro dakropmomyau M;/M; 1 usomopdubr A/p;
JIJIST HEKOTOPBIX MPOCTHIX ;.



