MATEMATUUYECKNE OCHOBBLI KBAHTOBOI MEXAHUKU 2022

cpok caaum 19 oxTadpa 2022r.

1. Hacruna asuxkercd B (pa30BOM MPOCTPAHCTBE ¢ KAHOHUYECKUMU KOOPAUHATAMU T = {mi}izlgg €
3 = 3
R®, = {piti=123 € R°.

a) Beraucsinre ckobku ITyaccona KOMIIOHEHT BEKTOpa
Bi = f(@ 5% ai + (&-P)pi, i=1,23,

C KOMIIOHEHTaMM BETOPA MOMEHTa MMITysibca yactunbl M = Z X p, cuwntas, aro f(z,y) —
HENpepbIBHO muddepennupyeMast (PyHKIINA CBOUX apTyMeEHTOB.

6)* Cumras, 9TO IMHAMWUKA, YACTHIIBI 3a/IA€TCS TAMUIBTOHIAHOM
2 =2
H = p* + U(@*),

re morenruan U € C1(RT), maiiouTe Bce BozMoxKHBIE Tapsl GyHKIHi f 1 U, TPH KOTOPBIX

—

KOMITOHEHTBI BEKTOPA B asisaiorca nHTEeTrpaJIaM ABUXKEHUA YaCTUIIBI.

B) Beramcinre ckobku [Tyaccona KOMIIOHEHT BEKTOPA B: {B;, Bj}, i,j =1,2,3, B caydae, Korzga
f — npousBosbaasa dyukiusg. lloncrasbre B mosyuerubie GOPMYJIbl BhIpaykenue jyisi f u3s
nyHkra 6) u Bepasure ckoOku [lyaccona B TepMuHAX MOMEHTA MMILYJIBCA M u raMuibTOHMAHA
H gacrunol.

TMoxckaska: B myHkTe 6) JOJIZKHO IOy 9UTHCs, YTO YACTULA JBUZKETCH B [0JI€ TAMOTEHUs], & COXPAHSIOIIMUAC
BEKTOp B (C TOYHOCTBHIO 10 CKAJISIPHOIO MHOKUTEJIA) ABJIAETCS BeKTopoM Jlamtaca-Pynre-Jlentia.

2. Buyrpennue cremenun cBOOOIBI 3aKPEIVIEHHONW B HPOCTPAHCTBE KBAHTOBOI YaCTHUILI (CKazKeM,
9JIEKTPOHA B JIOBYIIKE) OMUCHIBAIOTCS HOPMUPOBAHHBIM BEKTOPOM 2-MEPHOTO KOMILIEKCHOTO MPO-
CTPaHCTBA.

¢

o) =) ect llelP =L le?=1.

—

B skcnepumMenTe m3MepsioTcsa KOMIIOHEHTH BEKTOPa CIHUHA YaCTHLBL S, 38JaBAEMBIE OLEPATOPAMEA
S; = %ai, 1=1,2,3, wie g; — marpuns! [Haymu:

01 0 —2 1 0
o] = o9 = o3 =
1 0 )’ 0 ’ 0 —1
KpanTOBasg 9acTUIla HAXOAUTCA B COCTOSHUM, IIPO KOTOPOE M3BECTHO, YTO BEPOATHOCTD MOy YT
upu usMepenuu HabJogaemMoil S, 3HadeHue % paBHA P _, = sin?w, rae w € [0,7/2] — mapamerp
3a/1a4M1.

a) Haiigure obmuii Buj cocTosiHust |¢), yAOBIETBOPSIONEro ycaoBuio 3ajgaqun. O JHOZHAYHO JIH
OHO OIpeJieIeHo?
Yxaszanue. Ilpu pemmennn 337241 H03a00THTECh O BHIOOpE ONTHMAILHOTO Oasuca BeKTopos B C2.

6) ns Kaxk0ro u3 MOCTPOEHHBIX B IMyHKTE &) COCTOSIHUN PACCYUTARTe BEPOSITHOCTD Psy—nsz HO-
JYYUTDb NpU u3MepeHun HabsogaeMoit Sy 3uadenne h/2. Ilpu Kakux yCJI0BUAX HA W BO3MOXK-

HO, 9TODBI Psynso = Psy—n /2? OnroszHavHO Jin (DUKCUPYETCS COCTOSTHUE |¢) 3ajaHneM 3HAYeHHi

pslzﬁ,/Z " pS2:ﬁ/2 .



3. BuayTrpennue cremenu ¢BOOGOBI 3aKPEIIEHHO B MPOCTPAHCTBE KBAHTOBOH YACTHIBI (HATPUMED,

aToOMa B KpI/ICTaJ'L)'[e) OTIMCHIBAIOTCA HOPMHUPOBAHHBIM BEKTOPOM 3—MepHOFO KOMIIJIEKCHOT'O TPOCTPaH-

CTBa.

b1
o) =2 | €C®  lolP =D s> =1.
?3 i

—

B skcnepuMenTe uaMepsioTcs KOMIIOHEHTBI BEKTOPa CIIMHA YaCTUIBL S, 33/aBa€Mble OlEPATOPAMEU

S;=hJ;,i=1,2,3, rue J; — 3 X 3 Marpuubsl BUAA

1 010 1 0 — 0 1 0 O
J=—7|101|, Jo=—4]| ¢ 0 =i |, J3=[00 0
V2 010 V2 0 ¢+ O 0 0 -1

Herpymto mposepuTs, 9T0 A7 S; BBITOTHSIOTCA KOMMYTAIHOHBIE COOTHOIITEHHST

[Si, Sj] = iﬁeiijk.

JunaMuKa 9acTHITH 33/1aeTcsI OMepaTopoM L'aMuabTOHA

a)

6)

)

) 10 0
H=m| 0 0 i
0 —i 0

Omnpeiesinre BO3MOYKHBIE PE3YJIBTATHl U3MEPEHUST SHEPIUU YACTUIIBI U COCTOSIHUSI, B KOTOPBIX
OHA MOXKeT OKa3aThCs MOCTIEe U3MEPEHNsI.

C KaKOM BEPOATHOCTBIO MBI IIOJIyHYUM BCE BO3MOZKHbIC 3HAYECHUIA TIPOCKIINU CIUHA 537 €CJIn
JI0 M3MEPEeHUsl CHCTeMa HaXOIWJIACh B OCHOBHOM COCTOSIHUE (T.e., COCTOSHUN C HANHU3IIAM
SHAYEHUEM YHEPIUn ).

Brraucnure cpesaee 3HaUEHNE U AUCIIEPCHIO TIPOEKITNN CIIUHA, So IPU U3MEPEHNUN ee B OCHOBHOM
COCTOSTHUM.

IIpenmonarast, 970 B HaYaJILHBINT MOMEHT BpeMeru ¢ = (0 wacTHIla HAXOAWIACH B COCTOSTHUNA

1
|po) = % 1 | ¢ paBHOBEPOATHO pacCTpeieeHHBIM 3HAUEHUEM TTPOEKIINN CITHHA S3, OTpee-
1

JIATE €€ COCTOSHUE B IIPOU3BOJIbHBI MOMEHT BpEMeHH. BBIUuCIuTE BEPOATHOCTH OOHAPYKHUTh
YACTHILy B MOMEHT BPEMEHU t CHOBA B COCTOSTHUU |@p).

Mengerca jim CO BpeMeHeM BEPOATHOCTL OOHAPYKUTH JACTUITY B COCTOTHUN C OTTPEAETEHHBIM

suadenueM sHeprun’ Ilogemy?

B ycioBusix myHKTa T) OIpeIeJATe CpeHee 3HAUYCHNE TPOEKINU COUHA So B MPOU3BOJIHHBII
MOMEHT BPEMEHH T.

4. Buyrpennee COCTOSTHUE CUCTEMBI U3 JIBYX B3AUMOJIEHCTBYIOIINX KBAHTOBBIX YACTHUIL OMUCHIBACTCS
BEKTOPOM

sy ® |¢@) € c? @ C?,

a ee IBOJIONNA BO BpEMEHU 3aJ1aeTcsd onepaTopoM laMuabTona

N 1,50 52 B a(1) 1 4(2)
H==(5",8 )+5 TR

1 2@

rme S wm S — omeparophbl CIMHA TEpBOil W BTOPOi wactumpl (cM. 3amady 2). llepsoe ciara-

eMOe TaMHIJIBTOHNAHA OIMNCHIBAET B3aUMOJeHCTBHE CIMHOB YACTHI, a JBa HMOCHAETHUX — JelCTBHE
HA YACTHIbl BHEIIHEr0 MAarHUTHOTO OJisl, HAalpaBaenHoro Baosb ocu OZ. Ilapamerp 5 € R\ {0}
XapaKTEPU3yeT MArHUTHOE TIOJIE.



a)
6)

r)

OHpe,HeJH/ITe BO3MOZKHDBIC 3HAYCHNA SHEPTUN CHUCTEMBbI 1 OTBEYA0IIEe MM BEKTOPBI COCTOAHMI.

Kaxne nz mabaromaeMeIX BeIMTINH

A~

(5= (3" 87Y% g = e (87 &

COXPAHSIOTCS TIPU BOJIOIUHU cucTeMbl Beerya? Kakune coXpsiHSIOTCS JIUITH DU OTIPEIEJIEHHBIX
3HaUEHUSX mapamerpa 37

B maganwsabIit MoMerT BpeMmenu t = 0 cucremMa HaXOAWIACh B COCTOTHUM

wo) = (1],

Kakosa BeposiTHOCTH HabJIIOATE B MOMEHT BpeMeHu ¢ cucreMy B coctostaun |V(t)) paBHOM

1 ® 0\ 0 ® 1\ 1 % 1
0 1)’ 1 0)’ 0 0
4N 2
st mabromaemoit (S ) OTpeJIeIUTE ee MUHUMAJIbHOE U MAKCUMaJbHOE BO3MOXKHBIE 3HAYe-

HUA, & TaK¥XKe COCTOAHNA, B KOTOPBIX 3THU 3HAUYCHU A Ha6J’[IO,ZLaIOTCH.
52 A2
B ycioBusgix myHKTa B) paccumTaiiTe cpejHee 3HAYCHUE <S > U JIUCIIEPCUEO A(S ) B MOMEHT

BpeMeHn t.

5. (meobszaresibHas) [locrpoiiTe peasmsanuio onepaTopos cuuna S;, i = 1,2, 3, B 4-mepHOM
KOMILIEKCHOM ITPOCTPAHCTBE, eCJIM U3BECTHO, 9TO S3 3a]aeTcs AuaroHaabHONl MaTpureii:

Sy = diag{ 3h/2, h/2, —h/2, —3h/2}.

IlpumaymaiiTe peann3anuio OMEPaTOPOB CIIMHA B KOMILIEKCHOM ITPOCTPAHCTBE MPOM3BOJILHOM
Pa3MepPHOCTH.



